In 2004, B. Ginsberg proved that if the period of a reciprocal of a prime p ≥ 5 has length r = 3w and is split into three pieces then their sum is a string of 9's. In this note we give a very simple proof of the generalized theorem to any base b.
INTRODUCTION
According to Dickson [6] , E. Midy proved in 1836 that if the period of a reciprocal of a prime p ≥ 5 has even length and is split into two half-periods then the sum of the halves is a string of 9's. For example, 1 7 = 0.142857 with 142+857=999, and 
GINSBERG THEOREM
Many authors have given proofs of Midy's theorem ; see, for example, [2] , [1] , [7] , [5] , and [4] . In this paper we will give a very simple proof of Ginsberg theorem, generalized to any base b, based only on modular arithmetic. We begin with the following lemma: a 1 a 2 ...a w , B 2 = a w+1 a w+2 ...a 2w , and B 3 = a 2w+1 a 2w+2 ...a 3w .
Proof. Note that m[(a
Using the previous lemma we see that
. Now assume, on the contrary, that
However, by the previous lemma, B 1 
